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In multi-instance learning, each learning object consists of many descriptive instances. In the corre-
sponding classification problems, each training object is labeled, but its constituent instances are not. The
classification objective is to predict the class label of unseen objects. As in traditional single-instance
classification, when the class sizes of multi-instance data are imbalanced, classification is degraded.
Many multi-instance classifiers have been proposed, but few take into account the possibility of class
imbalance, which causes them to fail in this situation. In this paper, we propose a new type of classifier
that embodies a solution to the multi-instance class imbalance problem. Our proposal relies on the use of
fuzzy rough set theory. We present two families of classifiers respectively based on information extracted
at bag-level and at instance-level. We experimentally show that our algorithms outperform state-of-the-
art solutions to multi-instance imbalanced data classification, evaluated by the popular metrics AUC and
geometric mean.

& 2015 Elsevier Ltd. All rights reserved.
1. Introduction

In machine learning, multi-instance learning (MIL, [1]) is a
generalization of the traditional single-instance attribute-value
approach. While in the single-instance setting each learning object
has a single descriptive vector, in MIL each learning object is
composed of many vectors, although all vectors relate to the same
set of descriptive attributes. In MIL jargon, a learning object is
called a bag and every descriptive vector is an instance. As in tra-
ditional learning, classification is one of the most important tasks
of MIL. Only the bags, and not their instances, have class labels.
The objective of multi-instance classification is to predict the class
label of unseen bags using a model built from a training set.

Many multi-instance classification algorithms have been pro-
posed. However, most have been designed and evaluated con-
sidering data with balanced classes. The class imbalance problem
affects both single and multi-instance learning. The problem
occurs when at least one of the classes has a disproportionately
small size compared to the other classes. In these cases, classifiers
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tend to make more errors on small classes and may even ignore
them completely, although small classes are usually more of
interest. This problem has received much attention in single-
instance learning (e.g. [2–4]), but has barely been studied in MIL.
To our knowledge, existing solutions in the MIL scenario are lim-
ited to the contributions of [5–7], that consider both preprocessing
techniques to modify the class imbalance as well as a set of cost-
sensitive boosting algorithms.

The K-nearest neighbor classifier (KNN, [8]) is one of the most
popular learning algorithms [9]. It assigns an unseen object to the
decision class most frequent among the K closest training objects
to the unseen object. Over the years, several improvements and
adaptations of KNN have been proposed. One successful mod-
ification is the fuzzy rough nearest neighbor classifier (FRNN, [10]),
which introduces fuzzy rough set theory into KNN. Fuzzy rough
set theory [11] is a framework to model vague (fuzzy) and
incomplete (rough) information, by introducing fuzzy set theory
[12] into rough set theory [13]. Rough sets approximate a concept
by means of a lower and upper approximation. The former con-
tains elements which certainly belong to the concept, while the
latter consists of elements possibly belonging to it. The integration
of fuzzy set theory in rough sets allows for a more flexible instance
similarity measure and graded membership degrees of elements
to the approximations. Concretely, similarity between instances is
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measured by a fuzzy relation and the constructed concept
approximations are fuzzy sets. Fuzzy rough set theory has been
used successfully in many single-instance machine learning
applications, including classification (e.g. [14–16]). In the classifi-
cation framework, it allows to model a degree of membership of
elements to approximations of the decision classes. The FRNN
method uses the unseen object's K nearest neighbors to construct
the lower and upper approximation of each decision class and
then computes the membership of the unseen object to this
approximations. The hybridization between fuzzy rough sets and
KNN results in a classifier more robust to vague and incomplete
information [10]. Recently, a further improvement on FRNN was
introduced in [17] by using ordered weighted average operators
(OWA, [18]) and class dependent weight vectors. This method,
called IFROWANN, was specifically designed to handle class
imbalance and proved to be very effective in single-instance class
imbalanced classification.

In this paper, we introduce a new type of multi-instance clas-
sifiers, based on the IFROWANN method, which inherently contain
a solution to the class imbalance problem in multi-instance clas-
sification. The more complex nature of multi-instance data
prompts us to propose two families of classifiers: (1) bag-based
fuzzy rough classifiers which rely on relationships between bags,
considering the bag as a whole and (2) instance-based fuzzy rough
classifiers based on affinities that instances themselves have with
classes. In our experimental study, we show that the proposed
fuzzy rough nearest neighbors classifiers outperform state-of-the-
art solutions to class imbalanced multi-instance classification.

The remainder of this paper is structured as follows. We set out
in Section 2 with a specification of multi-instance classification
and the class imbalance problem and review previous proposals.
In Section 3, we recall the IFROWANN method from [17], which
forms the inspiration for our proposal. Section 4 considers multi-
instance classification and introduces our proposed method deal-
ing with class imbalance in this situation. The experimental eva-
luation of our proposal is conducted in Section 5. We conclude the
paper and lay out future research paths in Section 6.
2. The class imbalance problem in multi-instance classification

In this preliminary section, we specify the formal definition of
multi-instance classifiers. We recall the class imbalance problem
and how it has been dealt with in single-instance classification.
Finally, we review the efforts made to handle class imbalance in
multi-instance classification problems.

2.1. Multi-instance classification

MIL was introduced in [1] in a study of drug activity prediction
based on multiple molecular conformations. Since then, it has
attracted a considerable amount of attention due to its ability to
model data ambiguity and the link it forms between classical
attribute-value learning and relational learning [19]. MIL has
mainly been used in applications related to image recognition (e.g.
[20–22]). Other important application domains include bioinfor-
matics (e.g. [23–25]), text classification and web mining (e.g. [26–
29]) and computer-aided medical diagnosis and medical imaging
(e.g. [30–32]).

Given the instance space X and the label set Y, a bag Xi is a
multiset of instances fxi1; xi2;…; xini g with xijAX . The number ni
denotes the cardinality of Xi. Note that we use lowercase letters to
denote instances and uppercase letters for bags. Each bag is paired
with a label yiAY. Considering training data T ¼ fðX1; y1Þ;…;

ðXm; ymÞg, we formally define a multi-instance classifier h(X) as an
approximate model to the real function f : NX-Y, where NX is
the set of all multisets consisting of elements from X , that is, the
set of all possible bags.

Multi-instance datasets traditionally consist of two classes, one
positive and one negative. Several hypotheses exist to decide
when a bag of instances can be considered as positive [33]. The
standard multi-instance hypothesis assumes that a bag is positive
when at least one of its instances is positive. If not, the bag is
negative. An alternative is the threshold based assumption, which
states that the number of positive instances in a bag should exceed
a given threshold before the bag can be considered positive.
Overall, it implies that it is a too naive approach to assume that all
instances in a positive bag can be labeled as positive and all
instances in a negative bag as negative. This was for instance
shown in the review of [34]. We will take this into account in the
development of our classifiers.

2.2. The class imbalance problem

In single-instance classification, class imbalance occurs when
the elements in the dataset are unequally distributed among the
classes. The main focus has been on binary imbalanced problems,
where elements of the majority class outnumber those of the
minority class. The elements of the majority class are traditionally
denoted as negative and those of the minority class as positive. This
coincides with the fact that the minority or positive class is usually
the class of interest (e.g. [35]).

There are three main types of solutions used in traditional
classification to deal with class imbalance. Firstly, solutions at the
data level (resampling methods) perform undersampling of the
majority class, oversampling of the minority class or a combination
of both in order to balance the number of examples in the two
classes. Secondly, there exist solutions at the algorithmic level, in
which heuristics are incorporated into classic algorithms to handle
class imbalance, for example, by adjusting probabilities and
weights to favor the positive class. Of particular interest in this
type of solutions are cost-sensitive methods [36], which assign
higher costs to the misclassification of positive examples, while
aiming to minimize the overall classification cost. The third group
consists of ensemble solutions, that introduce one of the above
solutions (e.g. resampling or cost-sensitivity) in an ensemble
algorithm to create a layer of abstraction effectively separating the
method used to counteract the class imbalance from the base
classifier used in the ensemble.

Although many solutions to class imbalance have been pro-
posed in traditional classification, they are not directly applicable
to multi-instance scenarios due to the structural differences in the
datasets. In particular, multi-instance data consists of two levels:
instances and bags. The grouping of instances in bags is essential
additional information that should be taken into account. Fur-
thermore, the actual labeled data samples (bags) in multi-instance
data are far more complex than those in single-instance data
(instances) and the single-instance solutions simply cannot pro-
cess them. Class imbalance appears in multi-instance problems
like text, web, and image applications [5–7], but it has been little
addressed in the literature so far. In multi-instance classification,
class imbalance presents itself as an unequal distribution of the
bags among the classes, that is, we encounter a larger number of
negative bags compared to positive ones. The imbalance ratio (IR)
expresses the degree of class imbalance and is defined, for a two-
class dataset, as the ratio of the number of negative over the
number of positive bags, i.e., IR¼ jNj=jP j , where P and N are the
positive and negative classes respectively. While multi-instance
classification is not limited to two-class problems, this setting has
been the main focus of researchers in the field [34]. Moreover,
class imbalance has also been mainly studied for binary problems
in single-instance classification. All previous proposals dealing
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with class imbalance in multi-instance classification are developed
for two-class datasets as well, as discussed in Section 2.3. For these
reasons, we also focus on two-class problems.

2.3. Related work

In [5,6], two techniques to handle class imbalance in multi-
instance data are proposed. Firstly, they develop oversampling
methods based on the single-instance SMOTE method [37]. In
their BagSMOTE method, they increase the size of the positive
class by artificially generating new positive bags. In their second
algorithm InstanceSMOTE, they create new descriptive instances
and add them to existing positive bags in order to obtain a better
representation of this class. The IR of the dataset remains the same
in this case. Both methods are preprocessing algorithms and need
to be combined with a multi-instance classifier to complete the
classification process. In their experimental study, the authors
showed that BagSMOTE yields better results compared to
InstanceSMOTE.

The second part of the contribution of [5,6] is their develop-
ment of cost-sensitive classification procedures, based on the
AdaBoost.M1 boosting scheme [38]. The AdaBoost.M1 method
trains a base classifier in each iteration and reweighs instances
based on their classification outcome, to ensure that misclassified
instances are more focused on in the next iteration. The traditional
weight update formula is

Dtþ1 ið Þ ¼Dt ið ÞKt Xi; yi
� �
Zt

ð1Þ

with

Kt Xi; yi
� �¼ exp �αtyiht Xið Þ� �

: ð2Þ
Here, t is the iteration number, Zt is a normalization factor chosen
such that Dtþ1 is a probability distribution and αtAR is the
coefficient associated with the classifier ht, representing its weight
in the final classification aggregation of the ensemble. The meth-
ods of [5,6] introduce class-dependent costs in the weight updates.
The cost ratios are set in favor of the positive class, implying that
relatively more effort is taken to correctly classify positive bags.
The authors note that the real cost ratios are generally unavailable
and advise the heuristic use of the imbalance ratio as cost ratio.
Four cost sensitive boosting are proposed, similar to the single-
instance cost-sensitive boosting algorithms from [39]:

Ab1: Kt Xi; yi
� �¼ exp �Ciαtyiht Xið Þ� �

Ab2: Kt Xi; yi
� �¼ Ciexp �αtyiht Xið Þ� �

Ab3:Kt Xi; yi
� �¼ Ciexp �Ciαtyiht Xið Þ� �

Ab4:Kt Xi; yi
� �¼ C2

i expð�C2
i αtyihtðXiÞÞ

The values Ci are the cost items associated with the bags, where
bags of the same class are associated with the same costs. The
experimental work of [5,6] showed that the Ab3 version per-
formed best among the four alternatives. We briefly note two
shortcomings of the cost-sensitive approaches. Firstly, as stated
above, the cost ratio usually has to be heuristically set to the
imbalance ratio, since the actual differences in misclassification
costs of the classes are rarely available. Secondly, within a class, all
bags are assigned the same cost, while the misclassification of a
noisy sample should probably be attributed less importance
compared to a typical sample of that class.

The authors of [7] proposed a preprocessing method to
improve the classification of imbalanced multi-instance data as
well. They construct a function which estimates the degree to
which a descriptive instance, not a bag, can be considered as
negative. This measure is used to locate likely and unlikely positive
elements within positive bags and use them in resampling
procedures. The method consists of three main steps: (1) over-
sampling instances within positive bags, (2) undersampling within
positive bags and (3) undersampling within negative bags. All
steps occur at the instance-level. The oversampling step is based
on SMOTE. In the undersampling procedure, the decision criterion
to remove or retain instances is based on the amount of opposite-
class instances among their nearest neighbors.
3. Fuzzy rough ordered weighted average approach to imbal-
anced classification

In this section, we recall the proposal of [17] of a fuzzy rough
classifier dealing with class imbalance in single-instance problems.
The strength of this method relies on its use of class-dependent
weighting schemes, which are described in detail in Section 3.2.

3.1. The IFROWANN algorithm

IFROWANN [17], Imbalanced Fuzzy Rough Ordered Weighted
Average Nearest Neighbor Classification, is an extension of the
FRNN classifier of [10] addressing the class imbalance problem in
single-instance classification. FRNN is a nearest neighbor classifier
based on fuzzy rough set theory.

To classify an unseen instance x, FRNN makes use of the fuzzy
rough lower and upper approximations of the decision classes. In
general, the membership degrees of x to the lower and upper
approximations of class C are respectively defined as

C ðxÞ ¼min
yAT

½I ðRðx; yÞ;CðyÞÞ� ð3Þ

and

C ðxÞ ¼max
yAT

½T ðRðx; yÞ;CðyÞÞ�: ð4Þ

Here, T is the training set and Rð�; �Þ is a given fuzzy relation
expressing similarity between the instances, taking on values in
the range ½0;1�. The function Cð�Þ corresponds to the characteristic
function of class C, that is, it takes on value 0 when an instance
does not belong to C and 1 when it does. The operator I is an
implicator, a generalization of traditional Boolean implication. An
implicator I : ½0;1�2-½0;1� is decreasing in its first argument,
increasing in the second and satisfies the boundary conditions
I ð1;0Þ ¼ 0, I ð1;1Þ ¼ 1, I ð0;0Þ ¼ 1 and I ð0;1Þ ¼ 1. Similarly, the
operator T is a triangular norm (t-norm). Fuzzy set theory defines
a t-norm as an associative and commutative operator from the
unit square to the unit interval, that satisfies T ðx;1Þ ¼ x; 8xA ½0;1�:

In the spirit of a nearest neighbor algorithm, FRNN first locates
the K nearest neighbors of x in the stored training set T. Based on
this set NN of nearest neighbors, the membership degrees of x to
the lower and upper approximations of all decision classes are
calculated, that is,

C ðxÞ ¼ min
yANN

½I ðRðx; yÞ;CðyÞÞ� ð5Þ

and

C ðxÞ ¼ max
yANN

½T ðRðx; yÞ;CðyÞÞ�: ð6Þ

To finally classify x, FRNN predicts its membership degree C(x)
by taking its average membership to the lower and upper
approximations of C:

CðxÞ ¼ C ðxÞþC ðxÞ
2

: ð7Þ

It assigns x to the class for which this value is largest.
IFROWANN extends FRNN in two ways. First, it reduces its

sensitivity to noise. It was shown in [40] that the classification of
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FRNN depends on only one element, namely the closest sample to
the test instance, such that small changes in the data can result in
considerably different results. To deal with this issue, IFROWANN
steers away from the neighborhood sets N and uses ordered
weighted average operators (OWA, [18]) in the definition of the
approximation operators (3) and (4), as proposed in [41]. The OWA
aggregation of a sequence V of m scalar values is computed by first
ordering V in decreasing order, then weighting their values
according to their ordered position by a weight vector
W ¼ 〈w1;…;wm〉, such that

Pm
i ¼ 1 wi ¼ 1 and wiA ½0;1� for all

iAf1;…;mg, and finally taking their weighted average. In parti-
cular, if ci represents the ith largest value in V, we find

OWAW ðVÞ ¼
Xm
i ¼ 1

wici:

The flexibility of OWA allows for a wide range of aggregation
strategies. For example, the standard minimum and maximum
operators can be modeled by the weight vectors 〈0;0;…;0;1〉 and
〈1;0;…;0;0〉 respectively. Softened versions of the maximum and
minimum operators can be obtained by assigning non-zero
weights to other values in the ordered sequence as well. In this
way, not only one value, the extreme, is taken into account, but
several values are considered, resulting in more robust operators.
In definitions (3) and (4), IFROWANN replaces the minimum and
maximum by OWA aggregations with weight vectors that soften
these operators.

The second IFROWANN improvement over FRNN is directed to
counteract the class imbalance problem. It consists of using dif-
ferent weight aggregations in the fuzzy rough approximation for
the two classes. It was shown in [17] that an increased classifica-
tion performance is obtained by making the choice of the weight
vectors class-dependent in the OWA-weighted approximations. In
binary classification problems with classes P and N, the lower
approximations are given respectively by

PWP
ðxÞ ¼OWAWP

yAT
½I R x; yð Þ; P yð Þð Þ� ð8Þ

and

NWN
ðxÞ ¼OWAWN

yAT
½I R x; yð Þ;N yð Þð Þ�; ð9Þ

where WP and WN are the class-dependent weight vectors for the
lower approximations. IFROWANN's classification rule only takes
into account the lower approximations, because in a two-class
problem the upper approximation of a class equals the lower
approximation of the other class. Accordingly, IFROWANN assigns
a test object x to the positive class when PWP

ðxÞZNWN
ðxÞ and to

the negative class otherwise. We describe the weight vectors used
by IFROWANN in a separate section below for clarity, as we later
refer to them on multiple occasions. We will demonstrate that the
vectors introduced in [17] in the context of single-instance clas-
sification are also very effective in multi-instance classification.

3.2. Class dependent OWA weight vectors

The authors of [17] consider two types of weight vectors for the
negative class:

W1
N ¼ 0;…;0|fflfflffl{zfflfflffl}

n

;
2

pðpþ1Þ;
4

pðpþ1Þ;…;
2ðp�1Þ
pðpþ1Þ;

2
pþ1

* +
;

W2
N ¼ 0;…;0|fflfflffl{zfflfflffl}

n

;
1

2p�1
;

2
2p�1

;…;
2p�2

2p�1
;
2p�1

2p�1

* +
;

where p and n are the number of positive and negative training
examples in the dataset respectively. On the other hand, they
construct three types of weight vectors for the positive class:

W1
P ¼ 0;…;0|fflfflffl{zfflfflffl}

p

;
2

nðnþ1Þ;
4

nðnþ1Þ;…;
2ðn�1Þ
nðnþ1Þ;

2
nþ1

* +
;

W2
P ¼ 0;…;0|fflfflffl{zfflfflffl}

p

;
1

2n�1
;

2
2n�1

;…;
2n�2

2n�1
;
2n�1

2n�1

* +
;

W1;γ
P ¼ 0;…;0|fflfflffl{zfflfflffl}

pþn� r

;
2

rðrþ1Þ;
4

rðrþ1Þ;…;
2ðr�1Þ
rðrþ1Þ;

2
rþ1

* +
:

The value r is determined as r¼ ⌈pþγðn�pÞ⌉ and is used to limit
the number of non-zero weights in the aggregation. In [17], the
default value γ ¼ 0:1 was proposed.

Six combinations of weight vectors were put forward and
evaluated in [17]:

1. W1 ¼ 〈W1
P ;W

1
N〉

2. W2 ¼ 〈W1
P ;W

2
N〉

3. W3 ¼ 〈W2
P ;W

1
N〉

4. W4 ¼ 〈W2
P ;W

2
N〉

5. W5 ¼ 〈W1;γ
P ;W1

N〉, with γ ¼ 0:1.
6. W6 ¼ 〈W1;γ

P ;W2
N〉, with γ ¼ 0:1.

In the experimental study of [17], weighting schemes W4 and W6

obtained the best classification results. As part of our experimental
comparison conducted in Section 5, we verify whether this
conclusion also holds in our proposal.
4. Fuzzy rough multi-instance classifiers for imbalanced
classification

Based on the IFROWANN algorithm for single-instance classi-
fication, we present a framework for fuzzy rough multi-instance
classification algorithms resistant to class imbalance. In general,
we define a fuzzy rough multi-instance classifier as F FRM : NX-Y
such that

F FRMðXÞ ¼ arg max
CAY

ΦðC ðXÞ;C ðXÞÞ; ð10Þ

where C ðXÞ (resp. C ðXÞ) is the membership degree of bag X to the
lower (resp. upper) approximation of class C and Φ is an aggre-
gating function of both C Xð Þ and C Xð Þ. In this paper, we make the
choice to set ΦðC ðXÞ;C ðXÞÞ ¼ C ðXÞ. Although the information con-
tained in the upper approximation is discarded, this was an
effective choice for the original IFROWANN method, such that we
provide a faithful extension of the latter here. As done by the
original method, we assign a bag X to the positive class in case of a
draw in the computed values C ðXÞ.

There are different ways to obtain the membership degree C ðXÞ
of a bag X to the lower approximation C of a class C. We propose
two families of multi-instance fuzzy rough classifiers, which differ
in that one is based on relationships between the bags, consider-
ing the bag as a whole, while the other is based on information
derived from the instances. Classifiers in the first family are bag-
based (Section 4.1), while those in the second family are instance-
based (Section 4.2). A visual overview of the flow of the two
families, that is, how the corresponding methods derive the values
C ðXÞ, is presented in Fig. 1.

4.1. Fuzzy rough bag-based multi-instance classifiers

The calculation of C ðXÞ by bag-based classifiers is executed
entirely at the bag-level and is an extension of (8) and (9). A visual
overview is presented in Fig. 2. The general formulation of our
fuzzy rough bag-based classifiers to calculate C Xð Þ is therefore



Fig. 1. Overview of the proposed framework. The figure presents the flow of both
the bag-based and instance-based methods.

Fig. 2. Overview of the calculations of our bag-based methods when classifying a
bag X. In this example, the positive class P consists of bags BP

1 ;…;BP
j P j and the

negative class N contains bags BN
1 ;…;BN

jN j .
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given by

C ðXÞ ¼OWAWC
YAT

½I ðRBðX;YÞ;CðYÞÞ� ð11Þ

where WC is the class-dependent weight vector for the lower
approximation of the class C, which can be set to the weights from
each combination listed in Section 3.2. Note that the aggregation is
taken over all the bags from the training set T. The implicator I
used in this paper is the Łukasiewicz implicator, defined as

ð8a; bA ½0;1�ÞðI ða; bÞ ¼minð1�aþb;1ÞÞ:
Other fuzzy implicators can be used as well. The relation RBð�; �Þ
represents the bag-wise similarity. We define this measure as the
complement to 1 of the average Hausdorff distance [42], a popular
distance measure in MIL, that is,

RBðA;BÞ ¼ 1�
P

aAAminbAB½δða;bÞ�þ
P

bABminaAA½δða; bÞ�
jAj þ jBj ; ð12Þ

where δð�; �ÞA ½0;1� is a normalized distance function between
instances. In this paper, we use the cosine distance, which is
defined as

δðx; yÞ ¼ 1� x � y
JxJ JyJ

; ð13Þ

where JxJ represents the vectorial norm of x. The cosine distance
is the complement of the cosine similarity, which has a low
computational cost and is widely used in machine learning,
especially in textual applications.

The final missing piece in the calculation of (11) is the defini-
tion of the class membership degrees C(Y) of bags to classes. This
term is an estimate of the membership degree of the training bag Y
to class C. Here, we take a step away from the single-instance
IFROWANN method, which uses crisp membership degrees of
instances to classes. The simplest approach is indeed to assign
CðYÞ ¼ 1 if Y is labeled with class C and CðYÞ ¼ 0 otherwise. How-
ever, it was already shown in [43] that more elaborate estimates
can provide better results. Several methods can be applied to
compute the membership degree of bags to classes. In this paper,
we limit ourselves to two ways to compute the membership
degree C(Y) of a bag Y to a class C, but we stress that alternatives to
do so can be easily plugged in. We consider the use of an OWA
aggregation of the similarities between the given bag Y to training
bags belonging to class C, that is,

CðYÞ ¼OWAW
BATC

½RBðY ;BÞ�; ð14Þ

where TC is the set of training bags labeled with class C. We note
that these values are calculated for training bags Y only, for which
the class label is actually known. Assume that we have two classes
C1 and C2 in the datasets and that Y is labeled with C1. As stated
above, we do not simply set C1ðYÞ ¼ 1 and C2ðYÞ ¼ 0. Instead, to
determine C1ðYÞ we select all training bags of class C1, meaning
that Y itself is among them, and compute their similarity to Y. The
value RBðY ;YÞ that is included in this calculation will always be 1,
which is the maximum value that the similarity measure can
attain. Nevertheless, by also assigning some weight to the simi-
larity of Y with other bags of this class, the final value C1ðYÞ can be
lower than 1. To determine C2ðYÞ, the analogous steps as for C1 are
performed, although RBðY ;YÞ will clearly not partake in the
aggregation here. This procedure counteracts the effects of noise,
as an atypical bag Y labeled with class C1 will receive a low
membership degree C1ðYÞ. This motivates our use of the softened
rather than strict maximum operator by means of the OWA
aggregations. Furthermore, since bags within the same class can
still be very different, the softened maximum can also be preferred
over the average, which assigns equal weights to all values RBðY ;BÞ.
Indeed, let us consider the discussion in Section 2.1 on the stan-
dard multi-instance hypothesis. If we have two positive bags, each
consisting of ten instances, the first one can consist of one positive
and nine negative instances, while the second bag contains ten
positive instances. Even though they belong to the same class, we
can expect their similarity RBð�; �Þ to be low. If a bag Y is very dif-
ferent from all other bags in its own class, we can expect it to be
noisy, but if Y still has a large similarity with some of them, it
probably remains a proper example of the class. This situation is
modeled by the OWA aggregation, by letting the aggregation
weights depend on the similarity with Y, but it cannot be handled
by using the average operator.

As OWAweight vectorsW in (14), we evaluate two versions of a
softened maximum operator. Firstly, we consider a vector with
linearly decreasing weights

WL ¼
2

mþ1
;
2ðm�1Þ
mðmþ1Þ;…;

4
mðmþ1Þ;

2
mðmþ1Þ

� �
; ð15Þ

where m is the number of values to be aggregated, which is the
number of training bags of class C in this case. The vector WL is a
normalized version of 〈m;m�1;…;2;1〉 and corresponds to the
Borda count or law of Borda–Kendall in decision making [44].

The second version contains inverse additive weights and is
given as

W IA ¼ 1Pm
i ¼ 1

1
i

;
1

2
Pm

i ¼ 1
1
i

;…;
1

ðm�1ÞPm
i ¼ 1

1
i

;
1

m
Pm

i ¼ 1
1
i

* +
: ð16Þ

The name of this vector refers to the occurrence of
Pm

i ¼ 1 1=i in the
denominator. It was shown to be robust against noise in [45],
which is why we include it here. Other alternatives would include
the use of a weight vector with exponential weights similar to WN

2

and WP
2 defined in Section 3.2 or using another aggregation

operator, like the maximum or average. In this study, when using
(15), we refer to (14) as OWAL aggregation. In the other case, we
denote it as OWAIA aggregation.



Fig. 3. Overview of the calculations of our instance-based methods when classi-
fying a bag X. In this example, the positive class P consists of bags BP

1 ;…;BP
j P j and

the negative class N contains bags BN
1 ;…;BN

jN j . The instances in the unlabeled bag X
are denoted as x1, …, xj X j .

S. Vluymans et al. / Pattern Recognition 53 (2016) 36–45 41
4.2. Fuzzy rough instance-based multi-instance classifiers

Our instance-based classifiers determine the value C ðXÞ by
aggregating the corresponding values C ðxÞ for all instances xAX.
Accordingly, the general formulation of fuzzy rough instance-
based multi-instance classifiers to calculate C ðXÞ is given as

C ðXÞ ¼ Agg
xAX

½C ðxÞ� ð17Þ

with

C ðxÞ ¼OWAWC
yAB;BAT

½I ðRIðx; yÞ;CðyÞÞ�: ð18Þ

where WC is the class-dependent weight vector for the lower
approximation of class C. Again, WC can take on weights from each
combination listed in Section 3.2. An overview of the classification
procedure of our instance-based methods is presented in Fig. 3.
The aggregation in (18) is taken over all instances from all training
bags. The term RIð�; �Þ represents the similarity relation between
instances, where we again use the cosine similarity. Agg represents
an aggregation method over all the instances xAX. We consider
OWA aggregation for Agg, using the softened maximum weight
vectors (15) and (16). We denote the former as OWAL aggregation
and the latter as OWAIA aggregation. As before, our use of this
type of aggregation is motivated by the nature of multi-instance
data and the multi-instance hypotheses referenced in Section 2.1.
Not all instances x in a bag X should contribute equally to the
prediction C ðXÞ, as we cannot expect all of them to be affiliated
with this class. Using a strict maximum operator can result in
discarding some crucial information, while the application of an
average operator may cause opposite-class instances to cancel out
the membership degrees of the instances in the bag actually
belonging to a class C.

The term C(y) in (18) is an estimate of the membership degree
to class C of the instance y, belonging to some training bag.
Referring back to Section 2, simply imposing the class label of the
bag on all its instances is not suitable for multi-instance data.
Using that procedure would make the estimation of C ðxÞ coincide
with the single-instance IFROWANN method, but the structural
differences in single-instance and multi-instance data warrant us
to take a clear step away from the original proposal. Several
heuristics can be used to determine C(y). In our experiments, we
use the inverse additive OWA maximum membership B(y) of y to
training bags B from class C,

CðyÞ ¼OWA
BATC

W IA ½BðyÞ�: ð19Þ

Here, we compute B(y), given a similarity relation RIð�; �Þ, as the
maximum similarity of y with any instance in the bag B,

BðyÞ ¼max
zAB

½RIðy; zÞ�: ð20Þ

As should be clear from (19), we do not simply assign the label of
its parent bag to y, but opt to use all the information in the training
set. We evaluate the affinity B(y) of the instance to all training bags
of a class, regardless of whether these bags contain the instance or
not. By aggregating them, we find the final class membership
degree. Our motivation to use an OWA aggregation in this step is
similar as the one given with expression (14).

We stress that different heuristics can be used to compute the
membership degree C ðXÞ of a bag X to the lower approximation of
class C, the membership degree C(x) of an instance x to a class C
and the membership degree B(x) of an instance x to a training bag
B and be plugged in to evaluate (17). Likewise, several alternatives
may be used to calculate the membership degree C(X) of a bag X to
a class C in Eq. (11). The selection made here is motivated by a
preliminary empirical study.

4.3. Discussion: weight assignment and differences with cost-
sensitive methods

We want to stress that our methods are inherently different
from the cost-sensitive approaches discussed in Section 2.3. In the
Ab1, Ab2, Ab3 and Ab4 algorithms, training bags are assigned a
cost, representing how severe we consider their misclassification.
For each bag, this value can be interpreted as its weight in the
construction of the classification model. As noted in Section 2.3, all
bags from the same class are assigned the same cost. These costs
are fixed at the start of the algorithm.

The methods from our proposed framework model class
membership of unseen bags by means of expressions (11) (bag-
based) or (17) and (18) (instance-based). These values are used in
the final prediction process (10). The OWA aggregations assign
weights to the training bags in (11) and to training instances in
(18). The weight of a particular training bag Y or instance y can be
different in every prediction procedure and depends on the
unseen bag X or instance x at hand. More specifically, consider
expression (11). To classify the unseen bag, the contribution of the
training bags Y is ranked and weighted based on the fuzzy
implication of RBðX;YÞ and C(Y). The former is dependent on X
itself and this can result in a different weight being assigned to the
same bag Y for all new bags X. Furthermore, all training bags are
assigned a different weight in the OWA-step, even when they
belong to the same class. Analogous remarks hold for (18). Sum-
marizing, the weights assigned in our methods can differ among
all bags and instances, not just among classes, and they are
adaptive. This is clearly different from the setup of the cost-
sensitive methods.
5. Experiments

In this section, we present the experimental evaluation of our
proposal. In Section 5.1, we discuss the setup of the experiments.
The evaluation itself is divided into two main parts. Firstly, in
Sections 5.2 and 5.3 we compare the different weighting schemes
for the proposed bag-based and instance-based classifiers
respectively. The second part, presented in Section 5.4, provides a
comparison of our proposal to previously introduced multi-
instance classifiers handling class imbalance.



Fig. 4. Ranking of bag-based classifiers using OWAL aggregation based on their
AUC and GMean. The horizontal lines correspond to the highest values attained for
the AUC (blue) and GMean (red). (For interpretation of the references to color in
this figure caption, the reader is referred to the web version of this paper.)

Fig. 5. Ranking of bag-based classifiers using OWAIA aggregation based on their
AUC and GMean. The horizontal lines correspond to the highest values attained for
the AUC (blue) and GMean (red). (For interpretation of the references to color in
this figure caption, the reader is referred to the web version of this paper.)
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5.1. Experimental setup

Table 1 lists all datasets included in our experiments. Among
these datasets, 26 (those above the line: WIRSel and Corel) are
used in Sections 5.2 and 5.3 to evaluate the different weighting
schemes within the two families of classifiers. In order to make the
comparison with state-of-the-art methods in Section 5.4, we use
all the datasets listed in Table 1. In total, there are 34 datasets from
different application domains, namely textual, image and phar-
maceutical applications. Their IR ranges from 2.98 to 19.0.

As evaluation measures, we use the Area Under the ROC-Curve
(AUC, [46]) and the geometric mean of the class-wise accuracies
(GMean). Both are commonly used to evaluate classifier perfor-
mance in the context of class imbalance (e.g. [47]). All reported
results are obtained by five-fold cross validation. We use the
Wilcoxon test [48] to check for statistical significance in the
observed differences in performance of two classifiers. This is a
non-parametric test, which ranks the differences in performances
of two classifiers for each dataset, ignoring the signs, and com-
pares the ranks for the positive and the negative differences. The
p-value calculated by the Wilcoxon test represents the probability
of obtaining a result at least as extreme as that obtained in the
experiment, assuming that the two classifiers have similar per-
formance (null hypothesis). A p-value smaller than a given sig-
nificance level α suggests that the null hypothesis is false, i.e.,
there are statistically significant differences between the com-
pared methods. In this paper, we use α¼ 0:05. Non-parametric
tests are preferred over parametric alternatives [49,50].

5.2. Bag-based classifiers

Figs. 4 and 5 present the results of OWAL and OWAIA bag-to-class
aggregations respectively. Taking the two metrics into account, both
figures show the superiority of weighting schemes W4 and W5. The
former was also among the best performing ones in the original
IFROWANN proposal [17]. In their experimental work, scheme W6

also attained good results, but this does not hold in our case. The
difference between schemes W5 and W6 lies in their aggregation
weights for the negative class. In multi-instance classification, the
exponential vector used by W6 seems to be a less optimal combi-
nation with the linearly increasing weight vector
for the positive class. We note that W4 also makes use of the expo-
nential vector for the negative class, but uses an analogous vector for
the positive class as well. This results in a balanced approximation of
the two classes, which is reflected in the classification results.
Table 1
Datasets used in the experimental study.

Name # Att. # Bag IR Name # Att. # Bag IR

WIRSel-1 304 113 4.38 Corel8 9 2000 19.00
WIRSel-2 298 113 4.38 Corel9 9 2000 19.00
WIRSel-3 303 113 4.38 Corel10 9 2000 19.00
WIRSel-4 303 113 3.71 Corel11 9 2000 19.00
WIRSel-5 302 113 3.71 Corel12 9 2000 19.00
WIRSel-6 304 113 3.71 Corel13 9 2000 19.00
Corel1 9 2000 19.00 Corel14 9 2000 19.00
Corel2 9 2000 19.00 Corel15 9 2000 19.00
Corel3 9 2000 19.00 Corel16 9 2000 19.00
Corel4 9 2000 19.00 Corel17 9 2000 19.00
Corel5 9 2000 19.00 Corel18 9 2000 19.00
Corel6 9 2000 19.00 Corel19 9 2000 19.00
Corel7 9 3000 19.00 Corel20 9 2000 19.00

Thioredoxin 8 193 6.72 Function 200 5242 10.83
Elephant 230 125 4.00 Atoms 10 167 2.98
Fox 230 121 4.76 Bonds 16 160 3.57
Tiger 230 126 3.85 Chains 24 152 4.63

Fig. 6. Ranking of instance-based classifiers using OWAIA aggregation based on
their AUC and GMean. The horizontal lines correspond to the highest values
attained for the AUC (blue) and GMean (red). (For interpretation of the references
to color in this figure caption, the reader is referred to the web version of this
paper.)
5.3. Instance-based classifiers

The results of the OWAIA bag-to-class-approximation aggregation
can be found in Fig. 6. The same conclusions as in Section 5.2 can be
drawn: weighting schemes W4 and W5 yield the best results.

For the OWAL aggregation, we took the comparison a little bit
further, varying the γ parameter in schemes W5 and W6 instead of
using its default value γ ¼ 0:1 recommended in [17]. We evaluated
γ ¼ 0:05;0:1;0:2;0:3;0:4;0:5. The results are presented in Fig. 7.
We again findW4 andW5 on top and observe thatW5 attains good
results for various values of γ. The performance of W6 improves by
lowering the value of γ to 0.05, but this does not bring it to the
same level as W4 andW5. An important observation is that W4 has
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a slight dominance over W5 with respect to their AUC, but con-
sidering the GMean, a large gap is observed between the results of
W5 and that ofW4. This difference can be explained as follows. The
higher AUC value of W4 suggests that it could outperform W5, if
the classification decision procedure were to be changed. Indeed,
AUC provides a global picture of the classification strength of a
method among different thresholds on the predicted class prob-
ability above which an instance is classified as positive, that is,
among different decision procedures. The GMean considers the
classification outcome associated with one particular, chosen
procedure. The results show that scheme W5 seems to combine
better with our selected class assignment method compared to
W4. Taking both evaluation measures into account, W5 might
therefore be favored over W4 for the instance-based classifiers.

In order to evaluate whether the class-dependency of the
weight vectors indeed leads to an improvement in classification
performance, we also consider versions of the instance-based
classifiers in which the weight vectors do not differ for the two
classes. We fix the aggregation to OWAL aggregation, but replace
the use of OWAWC in (18) by one of three class-independent
weighting schemes. In the first one, we use the traditional mini-
mum operator. We refer to this version as STDmin. Secondly, we
consider OWA aggregation by means of a weight vector softening
the minimum. We use the two alternatives of linear or inverse
additive weights, but take care to reverse the order of the weights
given in (15) and (16), as we now require a softening of the
minimum rather than of the maximum. These two schemes are
referred to as OWALmin and OWAIAmin respectively. In Fig. 8, we
compare the fuzzy rough instance-based classifiers using class-
dependent weight vectors with these three alternatives. Classifiers
using W4 and W5 obtained the best results with respect to AUC,
Fig. 7. Ranking of instance-based classifiers using OWAL aggregation based on
their AUC and GMean.

Fig. 8. Ranking of FRI-OWAL classifiers using class-dependent and class-indepen-
dent weights. The horizontal lines correspond to the highest values attained for the
AUC (blue) and GMean (red). (For interpretation of the references to color in this
figure caption, the reader is referred to the web version of this paper.)
while regarding GMean the one using W5 performs best. The
difference in the two evaluation measures has been discussed
above. The figure shows that our current proposals yield the best
results, but we must recognize that even those classifiers using the
same weight vector for both classes show a fairly good perfor-
mance, which demonstrates that our fuzzy rough classifiers are
inherently robust to class imbalance. Among these classifiers, the
best performance is achieved with the standard minimum
operator. It is followed by the OWA operator with inverse additive
weights, whose weight distribution is closer to the standard
minimum than that of the linearly increasing weights model.

5.4. Comparison with the state-of-the-art

In this section, we compare our proposal to state-of-the-art
multi-instance classification methods for class imbalanced data.
Note that we use the full set of 34 datasets in Table 1 in this
comparison. Among our fuzzy rough classifiers, there are several
that stand out for their good performance, like those bag-based
using W4 and W5 in Figs. 4 and 5 and those instance-based using
W4 and W5 in Figs. 6 and 7. We select one representative of each
family: the bag-based classifier using weighting scheme W4 and
the instance-based classifier with scheme W5 (γ ¼ 0:1). Both use
OWAL aggregation. In the remainder, we denote them as FRB and
FRI for short.

We compare these methods to state-of-the-art methods
described in Section 2.3. We select BagSMOTE as a representative
preprocessing method, as well as the cost-sensitive boosting
algorithms Ab1, Ab2, Ab3 and Ab4. In the experiments, we use the
decision tree learning algorithm MITI [51] as multi-instance base
classifier for both BagSMOTE and the boosting methods, as
recommended by [6].

Table 2 presents the AUC and GMean results. Our proposals
appear in the top position for both evaluation measures: FRI per-
forms best for AUC, FRB for GMean. For the other measure, they
each appear in third place. We also observe that the results exhibit
a relatively low variance over the datasets, meaning that our
methods perform consistently well. Depending on whether the
application warrants the optimization of AUC or GMean, FRI or FRB
can be selected. The difference between the two measures has
been discussed above: AUC represents the behavior of the method
among a range of decision procedures, while GMean considers the
classification outcome at hand. A multi-instance classification
procedure consists of assigning labels to unseen bags. The better
GMean of the bag-based classifier FRB could intuitively be
explained by its natural extraction of this assignment from infor-
mation solely derived from the training bags, not their instances.
However, the higher AUC value of the instance-based classifier FRI
shows that aggregating instance-level predictions might even
improve upon this, provided an adjusted decision procedure
is used.

As in [5,6], we can conclude that Ab3 performs best among the
alternative cost-sensitive boosting algorithms. It attains a good
Table 2
AUC and GMean results for the classifiers. We include the standard deviation of
these values taken over all datasets.

Method AUC Method GMean

FRI 0.856870.0875 FRB 0.736470.1391
Ab3 0.830970.1038 BagSMOTE 0.722770.1505
FRB 0.819070.1155 FRI 0.716770.1752
Ab4 0.779870.0965 Ab3 0.538370.2005
Ab1 0.775770.1076 Ab1 0.492170.2367
BagSMOTE 0.753670.1066 Ab2 0.365470.2493
Ab2 0.723070.1450 Ab4 0.045570.1184



Table 3
Results of the Wilcoxon test. For significance level α¼ 0:05, p-values implying
significant differences are printed in bold.

Measure Comparison Rþ R� p-value

AUC FRI vs Ab3 405.0 190.0 0.064831
AUC FRI vs BagSMOTE 591.0 4.0 r0:000001
GMean FRB vs Ab3 529.0 66.0 0.000073
GMean FRB vs BagSMOTE 308.0 287.0 0.850828

Table 4
AUC and GMean results for the classifiers, taken as averages over the 8 datasets
below the horizontal line in Table 1. We include the standard deviation of these
values taken over all datasets.

Method AUC Method GMean

FRI 0.774270.1166 FRB 0.587070.1902
Ab3 0.749570.1200 BagSMOTE 0.571870.1846
Ab4 0.726870.1093 FRI 0.549270.2547
Ab1 0.708170.1243 Ab3 0.530070.2528
FRB 0.689270.1436 Ab1 0.423870.3074
BagSMOTE 0.661770.1088 Ab2 0.200470.2329
Ab2 0.617970.1395 Ab4 0.142770.1881
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AUC result, but, although outperforming its relatives, looses many
points when considering the GMean. The BagSMOTE preproces-
sing algorithm obtains good GMean values, but its performance
with regard to AUC is poor. Since our proposals obtain good results
for both measures, they can clearly be preferred.

For each evaluation measure, we used the Wilcoxon test to
determine whether significant differences are present between
the best performing method (either FRI or FRB) and its competi-
tors Ab3 and BagSMOTE. The results of this analysis are presented
in Table 3. We can conclude that our proposal, represented by FRI,
is particularly strong for the AUC measure. For GMean, FRB is
shown to significantly outperform Ab3. FRB obtains equivalent
GMean results as BagSMOTE, but since the performance of the
latter with regard to AUC is very poor, we can still conclude that
FRB can be preferred over BagSMOTE.

Lastly, we consider the comparison of this group of methods
with respect to the eight datasets below the horizontal line in
Table 1. These datasets were not used in Sections 5.2 and 5.3 and
our selected classifiers FRB and FRI are therefore not optimized for
them. Nevertheless, Table 4 shows that they also perform well in
this situation. As before, FRI attains the highest AUC value and FRB
performs best for GMean. Roughly the same ranking of methods as
in Table 2 can be observed, apart from a slight drop in performance
of FRB with respect to the AUC, with Ab1 and Ab4 now also out-
performing our method for this measure. However, its vast dom-
inance over these methods considering the GMean shows that FRB
is still preferred over them.
6. Concluding remarks

Class imbalance is encountered in several multi-instance
applications, but has been little studied in the literature so far. In
this paper, we developed an extension of the successful single-
instance classification method IFROWANN to the multi-instance
setting. We proposed two classifier families, one at bag-level and
one at instance-level. The classifiers are based on fuzzy rough
set theory and their decision criterion relies on the predicted
membership degree of an unseen bag to the lower approximation
of the classes.

The defining characteristic of the proposal is its use of class-
dependent weight vectors in OWA aggregations. We
experimentally compared several weighting schemes and were
able to put forward the best performing ones. Furthermore, our
experiments showed that our fuzzy rough classifiers outperform
the existing proposals of multi-instance classifiers dealing with
class imbalance.

We have limited ourselves to two-class problems, as is com-
mon practice in MIL and imbalanced classification. Nevertheless,
multi-class imbalance also presents itself. An important future
research challenge is therefore the extension of the current pro-
posal to handle more than two classes. The key step will be the
development of appropriate weighting schemes in this setting.
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